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Electron-phonon coupling in surface electronic states on Be(101̄0)
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We present an ab initio study of the electron-phonon interaction in surface electronic states on Be(101̄0).
The calculations based on density-functional theory were carried out using a linear-response approach and a
mixed-basis pseudopotential method. It is shown that the strength of the electron-phonon coupling is sensitive
to the energy and momentum position of an electronic state and varies from 0.16 to 0.54. The difference in
the electron-phonon interaction of two Shockley-type surface states at A can be understood on the basis of
their different energy positions in the projected band gap. Previous experiments addressing the electron-phonon
coupling strength of these two surface states are discussed in light of our theoretical findings.
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I. INTRODUCTION

The electron-phonon (e-ph) interaction plays an important
role in understanding various properties of metals from
electrical conductivity to superconductivity.1,2 In particular,
the e-ph coupling causes the enhancement of the effective
electron mass and the renormalization of the electronic specific
heat. It also contributes to transport properties and lifetimes of
excited electrons, which are essential in many processes such
as photochemical and catalytical reactions.3–10 The strength
of the interaction is given in terms of a dimensionless e-ph
coupling parameter λ. In surface electronic states, λ can be
measured using the angle-resolved photoemission (ARPES)
giving detailed information on the energy and momentum
dependence of the interaction.10–15 Recent advances in high-
resolution angle-resolved spectroscopy have stimulated the
study of the e-ph interaction at various metal surfaces.14–23

The first method of extracting the e-ph coupling parameter uses
the temperature dependence of the linewidths of quasiparticle
peaks measured with ARPES. At temperatures much higher
than the Debye temperature (T � TD), this relation becomes
linear and independent of phonon spectrum details. Thus, if
TD is not high, λ can be deduced from the slope of the width
versus temperature data.1 Otherwise, the e-ph parameter can
be obtained by fitting the experimental data with a simple
model for the phonon density of states.10 This method, with the
assumption that the predominant contribution to the linewidth
temperature dependence can be attributed to the e-ph coupling,
has been widely used11,16–21 to obtain λ for many surface
electronic states except for those located close to the Fermi
energy (εF ). Another approach is based on the direct extraction
of the real part of the self-energy from ARPES measurements
of a renormalized dispersion near the Fermi level. The strength
of e-ph coupling can be obtained either from the slope of the
real part at εF and at T � TD or by subsequent fitting of
the experimentally derived data with a simple model.22–24 For
metals with a smooth electronic density of states around the
Fermi level, there is also a possibility of a direct extraction of
the e-ph spectral (Eliashberg) function from the self-energy.

In this case, low-temperature measurements are not required
and assumptions on phonon modes do not have to be made.24

Beryllium surfaces have attracted interest because of its
unusual physical properties with respect to bulk Be.19–30 For
instance, while bulk Be with a low electronic density of states
(DOS) at the Fermi energy is almost a semimetal, its surfaces
are metallic due to the electronic states that exist in energy
gaps of the bulk projected band structure and give rise to a
high density of states at εF .26,29 The latter was used to justify
the larger λ value at the surface Fermi level19,22–24 compared
to that (λ = 0.21–0.24) obtained at εF of bulk Be.1,31 As
regards the Be(101̄0) surface, a great deal of experimental
information is now available on the e-ph coupling of two
Shockley-type surface electronic states at the surface Brillouin
zone (SBZ) boundary (the A point). Several experimental
studies19–21,24 using both the temperature dependence of
the photoemission linewidth and the renormalization of the
surface-state dispersion at εF revealed that the strength of the
e-ph interaction in these surface states was different.

Here we present a detailed theoretical analysis of the
electron-phonon interaction in surface electronic states on
Be(101̄0). Though all the surface states are considered, much
attention is devoted to the Shockley-type surface electronic
states at A. The strength of the e-ph coupling is presented
as a function of electron energy and momentum. We have
also evaluated the contributions to the e-ph interaction coming
from different phonon modes. In particular, the important role
of surface phonons is emphasized. Some of these vibrations
are much softer (stiffer) than the bulk ones and couple in a
very efficient way to electrons, giving a large contribution
to the e-ph coupling. It is shown that λ, being sensitive to
the energy and momentum position of an electronic state,
ranges from 0.16 to 0.54. The strength of the e-ph interaction
obtained for the lower surface electronic state at A is in
perfect agreement with the value extracted from ARPES
measurements.21 At the same time, the experimental and
theoretical data on the e-ph coupling in the upper surface
electronic state at A differ substantially. Therefore, we present
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a detailed discussion of the striking discrepancy between the
calculated and experimentally derived values.

The paper is organized as follows. A short outline of the
calculation method is given in Sec. II. Section III contains both
the results for the electron–phonon coupling and the discussion
of the calculated and experimentally derived data. Finally, in
Sec. IV the conclusions are drawn.

II. DETAILS OF THE CALCULATION

The first-principles calculations were performed within the
density-functional theory and the local-density approximation
for the exchange-correlation potential.32,33 The dynamical
properties were obtained using the density-functional per-
turbation theory.34 The electron-ion interaction in Be atoms
was described by a norm-conserving pseudopotential35 that
included nonlinear core corrections.36 The electronic wave
functions were expanded in a set of plane waves up to a
kinetic energy cutoff of 22 Ry. To integrate over the surface
Brillouin zone, the Gaussian smearing technique was used
with a width of 0.2 eV and a (24 × 16) special point mesh in
the SBZ. The Be(101̄0) surface was simulated by repeated
24-layer Be(101̄0) slabs separated by a vacuum region of
six atomic layers sufficient to decouple the two surfaces of a
slab. Atomic positions inside the Be(101̄0) layers maintain the
symmetry of the bulk and are fixed at the theoretical bulk lattice
parameters, which minimize the total energy, a = 4.186 a.u. and
c/a = 1.5822. The deviation from the experimental values37

taken at room temperature, a = 4.32 a.u. and c/a = 1.568, is
about 3%.

A central quantity of the e-ph interaction is the Eliashberg
spectral function38 α2F (εi,k; ω), which measures the contribu-
tion of phonons with frequency ω to the e-ph coupling between
an initial electronic state with momentum k and energy εi

and all possible final states that differ in energy by h̄ω.1

The electronic state-dependent Eliashberg spectral function
corresponding to phonon emission (E) and absorption (A)
processes is defined as

α2FE(A)(εi,k; ω)

=
∑
q,ν,f

δ(εi − εf ∓ ωqν)

× |gi,f (k,q,ν)|2δ(ω − ωqν) , (1)

where gi,f (k,q,ν) is the e-ph matrix element between the
initial (i) and final (f) electronic states. The “−” and “+”
signs in the δ function correspond to phonon emission E and
absorption A, respectively. The sum is carried out over final
electronic states and all phonon modes (qν).

The e-ph matrix element is expressed in terms of micro-
scopic quantities as

gi,f (k,q,ν) =
√

h̄

2ωqν

∑
κa

ε
qν
κa√
Mκ

〈f |δq
κaV |i〉. (2)

Mκ is the mass of the κth atom in the unit cell, and ε
qν
κa is the

normalized eigenvector of the phonon mode (qν). The final-
state momentum is determined by kf = k + q + G, where k is
the momentum of the initial state and G is a reciprocal-lattice
vector. Finally, δq

κaV denotes the first-order change of the total

crystal potential with respect to the displacement of atom κ

in the a direction, which is available as a result of a phonon
calculation.

Since the e-ph matrix elements for a fixed electronic state
display rather significant variations throughout the SBZ, the
summation in Eq. (1) over wave vectors requires a dense mesh
of q points. So, we first calculated the electron-phonon matrix
elements using a (12 × 8) q point mesh. Then, to check the
convergence, the summation was carried out on a denser (48 ×
32) q point mesh. For the additional q vectors, the matrix
elements were calculated using a Fourier interpolation scheme
for the change of the self-consistent potential with respect to
atomic displacements as well as for the dynamical matrices.
The δ function with electron energies was approximated by the
first-order Hermite-Gaussian function with a smearing width
in the range of 0.01–0.03 Ry.

The electronic state-dependent parameter measuring the
coupling strength is just the first reciprocal moment of the
Eliashberg function:

λ(εi,k) =
∫ ωm

0

α2FE(εi,k; ω) + α2FA(εi,k; ω)

ω
dω . (3)

Here ωm is the maximum phonon frequency. If λ(εi,k) is
averaged over all initial electronic states on the Fermi surface,
one obtains the usual isotropic e-ph coupling constant39

λ(εF ,kF ).

III. RESULTS AND DISCUSSION

A. Electronic and dynamical properties

In principle, the (101̄0) surface of hcp metals can be
terminated with either a short first interlayer spacing or a long
one, which differ by a factor of 2. In the case of Be(101̄0),
only the short termination was shown both experimentally
and theoretically to be stable.29,40 Therefore, this geometry
was assumed in the present study. At first, we calculated
the relaxed interlayer spacings by minimizing forces between
atomic layers. An oscillatory relaxation was found with a
21.5% contraction of the topmost interlayer distance and the
expansion of the second one by 5.3% with respect to the bulk.
These values as to the sign and magnitude of the relaxation
are consistent with the experimental data of −25(−4/ +
3)% and 5(−4/ + 3)% obtained by low-energy electron-
diffraction (LEED) intensity analysis.40 The calculated values
are also in agreement with other ab initio pseudopoten-
tial results, 	d12 = −24.5% (Ref. 41) and 	d12 = −21.6%
(Ref. 42).

The surface electronic states obtained for a 24-layer
Be(101̄0) slab are shown by black lines in Fig. 1, while
the shaded background represents the bulk electronic bands
projected onto the (101̄0) plane. The surface-state positions
in the figure are the average between the energies of bonding
and antibonding states formed by the interaction of the surface
states on both sides of the slab. The energy difference is usually
negligible (<0.06 eV). Only in the vicinity of the 
 point,
where the surface resonance has a large penetration depth, does
the difference increase up to 0.18 eV. We have summarized the
surface electronic state energies both predicted theoretically
and observed experimentally in Table I for comparison. The
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FIG. 1. Calculated surface electronic states (black lines) for a
24-layer Be(101̄0) slab. The gray background gives bulk Be bands
projected onto the two-dimensional Brillouin zone. Phonon-mediated
transitions for the surface electronic states at A are shown by arrows
and dashed lines. The right panel shows the local electronic density
of states for the surface (solid line) and central (dashed line) layers
of the slab.

right panel of Fig. 1 shows the local density of states (LDOS)
for the surface (solid line) and central (dashed line) layers of
the slab. As expected, they differ markedly. In the surface layer
LDOS, a peak appears between −0.5 and 1 eV due to the A1
surface electronic state. As a result, at the Fermi energy the
LDOS in the surface layer is three times larger than that in the
bulklike central layer.29,43

Although the calculated phonon-dispersion curves of the
Be(101̄0) surface have already been reported for the 
A and

M symmetry directions,41,44 we show the phonon spectrum
in Fig. 2 to facilitate the discussion of vibrational modes
contributing to the e-ph coupling. The phonon-dispersion
curves in Fig. 2 correspond to a 100-layer Be(101̄0) slab
to decouple those surface vibrations that penetrate deeply
into the bulk. The dynamical matrices of the slab were built
combining calculated surface force constants to ab initio bulk
force constants obtained from a similar bulk calculation using
a (12 × 12 × 8) q point mesh. The phonon spectrum is shown
along all high-symmetry directions because the surface phonon
modes at the SBZ boundary (MLA) turned out to be the most
important in the e-ph coupling. Since the slabs used in the
calculation were asymmetric with one relaxed surface and
the other surface corresponding to the ideal bulk-truncated
case, the phonon spectrum contains surface modes related
to both types of surfaces. The surface mode frequencies

TABLE I. Summary of surface electronic state energies at the
high-symmetry points (in eV relative to εF ).

Expt.29 Expt.20 This work

M1 −3.6 −3.47 ± 0.05 −3.41
M2 −4.90 ± 0.06 −4.98
L1 −2.45 ± 0.03 −2.59
L2 −2.80 ± 0.02 −2.91
A1 −0.33 −0.416 ± 0.02 −0.43
A2 −2.7 −2.73 ± 0.04 −2.6

 −4.05 −4.07 ± 0.04 −3.96

FIG. 2. Calculated phonon-dispersion curves for a 100-layer
Be(101̄0) slab. The phonon spectrum contains surface modes related
to both relaxed (black dots) and ideal bulk-truncated (gray dots)
surfaces.

at high symmetry points are given in Table II. We have
summarized both the calculated values and those observed
experimentally.30

The first ab initio calculation of the Be(101̄0) phonon
spectrum was done using a plane-wave-based density-
functional perturbation theory.41 The authors were able to
assign most surface modes observed experimentally30 except
for the feature at 63.3 meV at 
. It was identified to
be caused by an enhanced vibrational density of states
and not by a surface localized mode. Indeed, there are
many surface resonances with small wave vectors between
60 and 70 meV. Some of them are characterized by in-
plane vibrations of atoms along close-packed rows (the
x direction). As is well known, a hcp (101̄0) surface can be
considered as a stepped one with the first layer consisting
of parallel closed-packed rows of atoms like an fcc (110)
surface. But most of the resonances are polarized along the
normal to the surface (vertically polarized). In general, the
agreement between both ab initio calculations is quite good.
However, unlike the previous study, we show in Fig. 2 more
surface resonances. As one can see, the Be(101̄0) surface is
characterized by the abundance of surface localized lattice
vibrations. In spite of this fact, one can outline three important
groups of modes for the analysis of the e-ph coupling. The first

TABLE II. Surface mode frequencies (in meV) at high-symmetry
points.


 A

Expt.30 43.0 55.2 33.0
Theory41 45.9 52.9 73.9 84.8 26.4 32.3 63.7
This work 44.7 48.3 54.2 77.2 88.2 30.6 33.6 66.5

M

Expt.30 40.0 47.0
Theory41 41.4 49.8 54.3 56.0 61.1 68.7 69.4 76.5
This work 43.2 50.3 52.3 57.2 61.5 64.3 74.0 76.9 80.9

L

This work 46.5 47.7 48.9 53.4 68.3 79.7 81.5 84.4 88.2
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TABLE III. Calculated electron-phonon coupling parameter
λ(ε,k) for surface electronic states at the symmetry points. The
uncertainty arising from the employed interpolation scheme is 0.02
or less.

λ λ

A1 0.16 L1 0.34
A2 0.44 L2 0.41
M1 0.39 
 0.23
M2 0.25

one is formed by two lower surface modes propagating along
the 
A direction. They are vertically polarized and localized
in the second (the lowest one) and in the first layer. Another
surface mode, an optical one with an energy of 66.5 meV
at A, is characterized by the in-plane motion of the first-
and the third-layer atoms along the close-packed rows. The
second group is formed by mainly vertically polarized surface
vibrations that split off and lie below the bulk phonons or at the
edge of bulk vibrations along the SBZ boundary. Their energies
vary in the range from 30 to 55 meV. Among these modes, the
lowest one in the ML direction, which becomes the second
mode on approaching the A point, is the so-called Rayleigh
mode with the polarization in the sagittal plane. The third
group, at energies �75 meV, consists mostly of the in-plane
lattice vibrations of both surface and deeper-lying atomic
layers up to the fourth one. The most prominent modes of this
group are those located above the bulklike lattice vibrations.
The first one, around the 
 point, is associated with the motion
in the upper four layers perpendicular to the close-packed
atomic rows (the y direction). The second phonon branch, at
the SBZ boundary, is characterized by vibrations of atoms in
two perpendicular directions: the motion in the topmost layer
occurs along the close-packed rows whereas the subsurface
atoms move perpendicular to them.

B. Electron-phonon coupling

The hcp (101̄0) surface is characterized by two wide bulk
projected band gaps. Two surface electronic states are located
in the lower one and four states lie inside the upper gap (see
Fig. 1). We have calculated the e-ph coupling parameter as a
function of electron energy and momentum for all of them.
The values of λ(ε,k) for the surface electronic states at the
symmetry points are shown in Table III.

1. Surface electronic states at M, L, and �

We first address the e-ph coupling in the surface states
at L, M, and 
. Their e-ph spectral functions are similar
to each other and mainly differ in the size of a high-energy
peak above 80 meV, which is very pronounced for the states
M1 and L2 while small for the other ones (M2, L1, and 
).
Figure 3 shows α 2F (ω) for M1 (solid line) and M2 (dashed
line) as two representatives. Since the contributions from
phonon emission and absorption processes almost coincide,
only the averaged Eliashberg spectral functions are shown.
The spectra are similar except for the high-energy part, which
is largely determined by contributions from surface localized
vibrations characterized by in-plane motion of atoms (the third

FIG. 3. Electron-phonon Eliashberg spectral function α2F (ω) for
M1 (solid line) and M2 (dashed line) surface electronic states.

group of surface modes discussed in Sec. III A). These modes
couple most effectively to the well-localized states M1 and
L2, enhancing their e-ph coupling strengths. Besides, M1 is
characterized by an exceptional role of intraband transitions
that amount to ∼45% of the total e-ph coupling.

The e-ph interaction for the second group of states, M2, L1,
and 
, is dominated by phonon-mediated transitions to bulk
electronic states. The intraband scattering provides ∼15% of
the total contribution to λ(ε,k). Because of the weak high-
frequency peak in α 2F (ω), they exhibit smaller λ(ε,k) than
M1 and L2. However, for L1 a substantial contribution coming
from the coupling to other surface electronic states (see Fig. 1)
raises λL1 closer to the strength of the e-ph interaction at L2
or M1.

2. Surface electronic states at A

We now proceed to the Shockley-type surface electronic
states around A which spectral functions at A are shown in
Figs. 4(a) and 4(b). The figure also gives the local phonon
densities of states for the surface (solid line) and central
(dashed line) layers of a 24-layer slab, Fig. 4(c). The spectral
functions can be analyzed in terms of low-energy (up to
∼ 62 meV) and high-energy parts. The latter forms either
a broad feature (A2) or two peaks (A1), and is mainly
associated with contributions from in-plane lattice vibrations
both bulklike and localized at the surface. The lower-energy
part shows a multipeak structure resulting from the interaction
of electrons with surface phonon modes, including Rayleigh
modes, which split off the bulklike continuum at the SBZ
boundary (see Fig. 2).

a. The lower surface state at A. At first, we concentrate
on the lower surface state, A2, which disperses toward εF

along AL while in the A
 direction it enters gradually the
bulk electronic bands and loses its surface character. A2 is
mainly localized in the subsurface layer, where its orbital
composition is determined by s and pz contributions whereas
at the surface it is purely py in character. The e-ph coupling
parameter calculated at A, λA2 = 0.44 ± 0.02, is in good
agreement with the value of λA2 = 0.49 ± 0.04 extracted from
temperature-dependent measurements of the photoemission
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FIG. 4. (a,b) Electron-phonon Eliashberg spectral function
α 2F (ω) (solid line) for A1 (a) and A2 (b) surface electronic states on
Be(101̄0). The contribution corresponding to the intraband scattering
is shown by a shaded area. Dashed and dotted lines show the behavior
of the spectral function at small energies when the Debye model
for phonons is used, α 2F (ω) = λ(ω/ωm)2, with h̄ωm = 60 meV
from LEED measurements40 and λ extracted from the fitting of
the experimental linewidth vs temperature data. The dashed lines
correspond to λ ≈ 0.48 (a) and λ ≈ 0.49 (b) obtained by fitting21

over a full temperature range of 45–700 K. The dotted line (a)
corresponds to λ ≈ 0.66 from fitting20,21 over a limited temperature
range of 300–700 K. (c) Local densities of phonon states, F (ω), for
the surface (solid line) and central (dashed line) layers of a 24-layer
slab.

linewidth21 fitted with a Debye model. The energy and
momentum dependence of λ(ε,k) along A
 and AL symmetry
directions is shown in Fig. 5 (the lower panel).

An analysis of initial and final electronic states in the
e-ph scattering processes showed that a large part of the
phonon-mediated transitions contributing to λA2 comes from
the intraband scattering, which amounts to 30% [the shaded
area in Fig. 4(b)]. That is expected because of a small
dispersion of the state in the vicinity of the A point, especially
taking into account a large maximum phonon energy for
Be. A substantial contribution (∼20%) also comes from the
coupling to the surface electronic states around the L point,
A2⇔L1(L2), and in the 
M symmetry direction. Along 
L

FIG. 5. Electron-phonon coupling parameter λ(k) as a function
of binding energy for electronic states in the A1 and A2 surface bands
along two symmetry directions, A
 (solid lines with full circles) and
AL (dashed lines with open circles). The inset in the upper panel
shows λA1(εF ) as a function of electron momentum along a surface
Fermi line from the A
 to AL direction.

the binding energy of the A2 state decreases, but the strength of
the e-ph coupling does not change significantly, ranging from
0.4 to 0.5. Simultaneously, the state assumes gradually a px

character in the subsurface layer where it is mainly localized
while the state symmetry in the topmost layer, py , is kept. The
character of transitions that contribute to the e-ph coupling
also changes. With decreasing binding energy, the intraband
scattering diminishes while the interband junctions to the L1
surface electronic states begin to dominate. The latter can also
be regarded as intraband ones because the L1 surface band can
be considered as a continuation of A2.

b. The upper surface state at A. The upper surface state,
A1, is connected to a surface band that disperses upward in
all directions and builds a small Fermi surface with almost
circular shape. Its energy and momentum dependence of
λ(ε,k) are shown in Fig. 5 (the upper panel). The inset also
gives the variation of λA1(εF ) when going along the Fermi
contour from the A
 to the AL direction. It shows that the

195437-5



SKLYADNEVA, HEID, ECHENIQUE, BOHNEN, AND CHULKOV PHYSICAL REVIEW B 83, 195437 (2011)

calculated strength of the e-ph coupling is quite small both at A
(λA1 = 0.16) and at the Fermi level, where it exhibits a small
directional anisotropy [λA1(εF ,k) = 0.18–22]. However, on
moving further away from the A point into the region of
unoccupied states, the e-ph coupling strength increases and
develops a sizable directional anisotropy. On moving to the
SBZ center, the energy dependence is stronger and λ(ε,k)
increases up to 0.5, while in the AL direction, λ(ε,k) = 0.36
at the same binding energy of ∼0.67 eV. The enhancement
is determined, for the most part, by the intraband scattering.
The number of intraband transitions increases and, at εF , their
contribution to λ(ε,k) amounts to ∼30% as compared to 10%
at A. In addition, for the surface states in the A
 symmetry
direction, some of the intraband transitions are provided by
low-energy surface phonon modes from the 
A symmetry
direction. The corresponding sharp peak appears in the spectral
function at 20–25 meV (see Fig. 6). The contribution of these
phonons to the strength of the e-ph coupling is quite large due
to the weighting of α2F (ω) by 1/ω in the expression for λ

FIG. 6. Electron-phonon Eliashberg spectral function for the A1
surface electronic state at εF in the A
 (a) and AL (b) symmetry
directions: the calculated α 2F (ω) (solid line) with the contribution
from the intraband scattering shown by a shaded area and the function
extracted from photoemission measurements24 (dashed line). The
small energy behavior of the constraint function used to obtain
α 2F (ω) from experimental data is also shown by a dotted line in
panel (a).

[Eq. (3)]. For the surface states in the AL symmetry direction
as well as at A [Fig. 4(a)], the spectral function is negligible
up to nearly 30 meV.

c. Comparison of A1 and A2. Our calculations outlined
above reveal that the two surface states at A exhibit rather
different coupling strengths, with λA1 = 0.16 and λA2 = 0.44.
Here we indicate the main factors that result in such different
coupling strengths.

The main reason for the small value of λA1 is the position
of the A1 state in the middle of a wide projected band gap (see
Fig. 1). As a consequence, only phonons with large momenta
can couple. These are predominantly those located close to
the AL and, partially, ML symmetry direction. Coupling of
A1 to modes along the 
A direction is negligible because
there are no final electronic states in the 
A direction except
for a few near the SBZ center. A further consequence is the
absence of coupling to acoustic modes, which leads to a strong
suppression of the e-ph spectral function below ∼30 meV.
Furthermore, the coupling of A1 occurs almost exclusively to
bulk states, because surface localized states at the binding
energy of A1 are practically absent. All these properties
conspire to result in a small λA1.

In contrast, A2 lies close to the lower band-gap edge, and
their are many surface localized states available for coupling.
Therefore, phonon modes with practically any wavelength
contribute, and coupling to surface localized modes is much
more probable.

We would like to note that despite the position of A2 close
to the edge of the band gap, A2 is a well-localized state for
which charge density does not penetrate deeply into the slab.
The maximum of the A2 charge density is in the subsurface
layer, while A1 is mainly localized in the topmost atomic layer.
Thus, these surface states belong to different atomic chains of
the (101̄0) surface, and the maximum charge density of the
lower state lies at the minimum of the upper state.

The weak coupling of A1 is a direct consequence of the
electronic surface band structure and of the surface phonon
spectrum. As the present ab initio approach describes both of
these properties accurately, it is difficult to expect a large value
of λ(ε,k) for A1.

C. Discussion of measurements

Three sets of studies have been devoted to the e-ph
coupling of two Shockley-type surface electronic states at
A: (E1) Measurements of the temperature dependence of
the photoemission linewidth at high temperatures.19,20 By
fitting to the three-dimensional (3D) Debye model, a coupling
constant of λA1 = 0.665 ± 0.03 was found. Similar values
were extracted for states of the A1 band at a binding energy
of ∼0.2 eV [λ = 0.672 ± 0.027 in the AL direction and
λ = 0.642 ± 0.031 in the 
A direction]. (E2) Measurements
of the temperature dependence of the photoemission linewidth
over an extended temperature range including low-temperature
data.21 Both Shockley-type surface states at A were examined.
Fitting with an Einstein model gave λA1 = 0.65 ± 0.02, while
for A2 a 3D Debye phonon model was applied and resulted
in λA2 = 0.49 ± 0.04. (E3) High-resolution photoemission
measurements were used to extract the real part of the
electronic self-energy, from which the Eliashberg function was
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obtained using the maximum entropy method.24 The reported
mass enhancement parameter for A1 at the Fermi energy (in
the 
A direction) was λA1(εF ) = 0.68 ± 0.08.

While the study addressing A2 obtained a coupling constant
in very good agreement with the present calculation, all
experiments on A1 agree on a very large value of λA1 of about
0.65–0.7, which is at striking variance with our theoretical
analysis. As outlined in the previous subsection, the energetic
position of the A1 state in the middle of a wide band gap
naturally leads to a reduced coupling as compared to the A2
state. It is therefore rather difficult to understand how this state
could acquire a coupling constant even ≈40% larger than A2.

Currently, the source of this discrepancy is unknown. How-
ever, all experiments rely on certain models and assumptions
to extract λA1. In the following, we briefly examine the validity
and potential shortcoming of these assumptions in light of our
calculations.

Extraction of λA1 from temperature-dependent linewidth
measurements relies on a model for the e-ph spectral function.
Both models used in previous studies, a 3D Debye model
in (E1) and an Einstein model in (E2), are inappropriate
to describe the calculated α 2F (ω) for A1 [Fig. 4(a)]: the
spectral function, on the one hand, is strongly suppressed
in the low-frequency part up to ≈30 meV, and, on the
other hand, contains contributions from modes distributed
over a wide frequency range of ≈30–90 meV. In con-
trast to the case of A1, the assumption of a Debye-like
spectrum is appropriate in the case of the lower state A2
[see Fig. 4(b)].

The procedure to extract the Eliashberg function from high-
resolution photoemission measurements (E3) contains two
steps. First, Re�ph is extracted from the measured quasiparticle
dispersion by subtracting a model bare dispersion. This step
is known to depend very sensitively on the choice of the
bare dispersion. Second, α 2F (ω) is obtained from Re�ph by
solving an integral equation via the maximum entropy method.
This last step involved several physical constraints needed
for proper convergence. In particular, the low-energy part of
α 2F (ω), which is crucial in the definition of λ, was taken to be
Debye-like. The extracted α 2F (ω) is compared in Fig. 6 with
the calculated spectral functions for the A1 surface electronic
state at εF in the A
 (a) and AL (b) symmetry directions. The
calculated spectra are quite different, demonstrating that peak
positions in the calculated α 2F (ω) depend on the momentum
position of electronic state at the Fermi energy line. In the
case of the AL direction, there are peaks at 60 and above
75 meV that are determined for the most part by surface modes
around M and contribute strongly to intraband transitions. For
electronic states in the A
 direction, the peaks at 60 meV
are substantially suppressed for lack of final states; however,
high-energy modes still participate in the e-ph coupling. With
respect to the low-frequency part of the calculated α 2F (ω),
it is far from Debye-like and is essentially zero in both

cases. The exception is a sharp peak at ≈ 20 meV in
the upper panel (the state in the A
 direction), which is
related to intraband coupling via surface vibrations from the

A direction. The wave vectors of these modes are fully
determined by the momentum position of the electronic state,
which results in a rather narrow peak. Because of the 1/ω

weighting in the definition of λ, the assumption of a Debye-like
low-frequency part can easily lead to a significant overestimate
of λ.

IV. SUMMARY

We have presented an analysis of the e-ph interaction
in surface electronic states on Be(101̄0), using ab initio
calculations. It is found that the strength of the coupling
usually varies between 0.30 and 0.55 with the momentum and
energy position of an electronic state. The exceptions are the
upper surface electronic state at A at ε � εF and the surface
electronic states with a weak localization at the surface, M2
and 
, for which λ(ε,k) is quite small. The e-ph interaction
in the lower surface state at A, A2, is largely determined
by the intraband scattering and the coupling to other surface
electronic states. The intraband scattering is also responsible
for the enhancement of the e-ph coupling in the upper surface
state at A, A1, with decreasing binding energy and at ε � εF .

Our work also shows that the difference in the strength
of the e-ph coupling in the upper and lower surface states at
A is directly related to their different energy positions in the
projected band gap. Because A1 lies in the middle of the wide
band gap, only short-wavelength lattice vibrations contribute
substantially to the scattering of electrons. The probability of
such transitions mediated by large wave-vector phonons is
rather low. The participation of the low-energy phonon modes
is negligible up to ∼30 meV due to a lack of final electronic
states. As a result, the Debye model fails to describe the low-
energy part of the spectral function for A1, which is very
important in the definition of λ.

The calculated e-ph coupling strength for the lower surface
state at A agrees well with experimental findings. However,
there is a severe discrepancy for the upper surface state
between calculated and experimentally derived λ(ε,k). Part
of the discrepancy could be due to the use of inappropriate
models in the analysis of the experimental data. In view of the
unusual shape of α 2F (ω) for the A1 state, a reexamination of
these experiments taking this specific feature of the spectral
function into account would be desirable.
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